


Fields

Let F be a set containing distinct elements called 0 and 1 (thus 0 # 1).
Suppose addition, subtraction, multiplication and division are defined
for all elements of F (except division by 0 is not defined).

Thus a+ b, a — b, ab, %E F whenevera,b,d € F and d # 0.

Define —a = 0 — a.

If the following properties are satisfied by all elements a,b,c,d € F
with d # 0, then F is a field.

a+b=b+a a+Mb+c)=@@+b)+c ab=ba
at+0=a a(bc) = (ab)c la=a

a+(—a)=0

a
b+c)=ab+ gd=a
a+(—=b)=a-»>b o\l + €)= ab+ac ¢
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